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Abstract

We study the optimal design of competitive markets for personal data. In a data

market, consumers own their data and sell it to a platform in exchange for a price

and a service, which consists of being interacted with a third-party merchant, from

whom they can buy a product. We study the equilibrium properties of this market

and its ability to promote efficient data allocations. Our main result identifies a

novel inefficiency that leads this otherwise perfectly competitive market to fail. We

show how the underlying inefficiency critically depends on the platform’s role as

an information intermediary. We then discuss three solutions to this market failure:

establishing a data union, implementing data taxes, and allowing the price of data

to depend on more than just the type of data being traded.
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1 Introduction

Consumer data has become a crucial productive input of the modern economy. It contributes to

the success of many large industries, such as online advertisement and digital marketplaces. In

these industries, for instance, firms use consumers’ data to learn their tastes and offer them tar-

geted advertisements or personalized products and services. While it is consumers themselves

who are the primary suppliers of this data in the economy, they typically have limited control

over how and by whom their data is used, and only rarely are they financially compensated in

return (Federal Trade Commission, 2014). Such an imperfect arrangement could harbor inef-

ficiencies and increase inequality (Seim et al., 2022). To combat these distortions, new legis-

lation has been recently introduced across the world to give consumers more control over how

their data is used.1 This legislation creates the legal framework upon which data markets can

emerge, where consumers have ownership over their personal data and firms compete to ac-

quire and use it. What properties would such markets have? And which institutions should be

designed to ensure they promote desirable outcomes?

This paper contributes to the ongoing discussion around these questions by studying a styl-

ized model of a competitive data market. We present two main sets of results. First, we iden-

tify sufficient and necessary conditions under which this otherwise perfectly competitive data

market can fail. This inefficiency stems from an externality that consumers exert on each other

when selling their data, which relates to and builds upon earlier work by Galperti, Levkun, and

Perego (2023). Second, we discuss three potential solutions to this market failure. These in-

volve, respectively, the establishment of a data union, the implementation of a data tax, or the

creation of markets where the price of data can depend not only on its type but also on its in-

tended use.

More specifically, our model features three sets of interacting agents: a heterogeneous pop-

ulation of consumers, an e-commerce platform, and a third-party merchant. Each consumer

owns her data and can sell it to the platform. When this happens, the platform learns her type,

pays her the market price for her data and, in addition, offers her a service. The service pro-

vided by the platform consists of intermediating this consumer with the merchant, from whom

1Most notably, the European Union’s General Data Protection Regulation (GDPR) grants consumers the right

to object to how firms use their data, to request it to be transferred to other firms, or to be deleted. In the United

States, a growing list of States have passed bills with a similar scope.
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she can buy a product. As an intermediary, the platform can use the database it has acquired

from consumers to provide information to the merchant about these consumers’ willingness to

pay for the merchant’s product, just as in the spirit of Bergemann et al. (2015). The main con-

ceptual innovation of our model is that the platform’s database is determined endogenously, as

an equilibrium of the data market where the consumers and the platform interact. In particu-

lar, we assume that such a data market is perfectly competitive: That is, data prices are taken

as given by the consumers and the platform and are pinned down by market clearing. This as-

sumption is meant to shut down known distortions that may generate from a platform’s market

power and focus, instead, on novel distortions that can persist even in a competitive economy.

Our main goal is to study the equilibrium properties of this competitive data market and, in

particular, its ability to promote efficient data allocations. To this purpose, we identify suf-

ficient and necessary conditions for efficiency and show how they ultimately depend on the

platform’s objective. In particular, we find that, when the platform’s objective is sufficiently

aligned with that of the merchant, the data market is efficient and consumers’ welfare is max-

imized. In contrast—and perhaps counterintuitively—when the platform’s objective is suffi-

ciently aligned with that of the consumers, the equilibrium data allocation can become inef-

ficient. In some cases, the data market can entirely unravel, resulting in no data being traded

and, thus, the lowest possible consumer welfare. We reinforce these negative findings by iden-

tifying sufficient conditions under which all equilibria of the economy are inefficient.

The cause of the inefficiency in this economy is that consumers can exert an externality on

each other when selling their data to the platform. This externality arises endogenously from

the way the platform uses this data, which in turn depends on its objective. Specifically, when

the platform cares relatively more about creating surplus for the consumers, it finds it optimal

to withhold some information from merchants, to prevent excessive surplus extraction. To

do so, the platform pools together consumers of different types, making it impossible for the

merchant to fully ascertain the willingness to pay of each consumer in the pool. However, we

show that this way of using the data also introduces a wedge between the individual benefit

that a consumer enjoys when selling her data and joining such a pool, and the collective benefit

that her presence in the pool creates for other consumers. Despite their competitive nature, the

equilibrium data prices fail to fully account for this wedge and, thus, lead consumers to make

decisions that are socially inefficient.2

2The idea of “pooling externality” was first introduced by Galperti, Levkun, and Perego (2023). Notice that it
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We then analyze three different institutions that can correct the aforementioned inefficiency.

First, we introduce a new intermediary in the economy, called data union. A data union repre-

sents consumers by managing their data on their behalf. More specifically, it collects data from

participating consumers, sells some of them to the platform, and distributes the proceeds of the

sale back to the consumers, as compensation. We show that the data union helps consumers co-

ordinate their decisions to sell the data, thus internalizing the externality described above. As a

consequence, any equilibrium of the economy with the data union is efficient and consumers’

welfare is maximized, regardless of the platform’s objective. This result offers theoretical sup-

port to recent policy proposals that discuss the potential role that a data union could play in the

data economy (e.g., see Posner and Weyl, 2018; Seim et al., 2022).

The second solution we consider consists of taxing the trade of data. Specifically, we intro-

duce a data tax, which is levied on consumers who sell their data to the platform. This tax is

“simple” in that it only depends on the type of data that is traded, and not on the identity of

the consumer, or on how it is used by the platform. When properly designed, such a data tax

forces each consumer to internalize the effects that selling her data creates on the rest of the

economy, above and beyond what can be done by equilibrium data prices. As a consequence,

we show that any efficient allocation can be implemented by an equilibrium of the competitive

economy with a budget-balanced data tax.

The third and final solution consists of letting the data price depend not only on the type of

data that is traded, but also on its intended use by the platform. This solution is inspired by

classic models of competitive economies with externalities such as Arrow (1969) and Laffont

(1976). Additionally, it is broadly in the spirit of legislation like the aforementioned GDPR,

which requires that the specific purpose for which consumer data is collected should be deter-

mined at the time of its collection (see, GDPR 2016/679 (39)). We show that this richer price

system—or equivalently, the existence of different markets where to trade the same type of data

depending on its intended use—guarantees the efficiency of the equilibria of the economy.

Related Literature. Our approach is rooted in a general-equilibrium tradition but lever-

ages the recent progress of the information-design literature (for reviews of this literature, see,

Bergemann and Morris, 2019; Kamenica, 2019). This allows us to offer a principled micro-

is distinct from and complementary to externalities that originate from exogenous correlation among consumers’

data, which are analyzed by Choi et al. (2019), Acemoglu et al. (2022), and Bergemann et al. (2022).
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foundation of some of the key components of a data economy: How the data is used by the

platform can be traced back to Bergemann et al. (2015); How the data is valued by the platform

builds on Galperti et al. (2023); How the data is priced by the competitive market—a compo-

nent that is novel to this paper—directly builds on this literature.

Our paper contributes to a recent literature that studies data markets and their properties.

Particularly close to our work are a set of papers that identify data externalities and conditions

under which they can lead to inefficient outcomes. As in Choi et al. (2019), Ichihashi (2021),

Acemoglu et al. (2022), and Bergemann et al. (2022), a consumer’s decision of selling her data

can create externalities on other consumers. Relative to these papers, we emphasize a novel

market failure: It does not arise from exogenous correlation in consumers’ data but, rather,

from how the platform endogenously uses it. Indeed, to better emphasize the different nature

of our inefficiency, we assume throughout that consumers’ data is uncorrelated: That is, the

platform learns nothing about a consumer when acquiring the data of another.

Our inefficiency builds instead on previous work by Galperti, Levkun, and Perego (2023).

That paper characterizes how much the platform values the data of a single consumer in a larger

database. It shows that the value of such a data record is the sum of two components: The

direct payoff the platform earns from the underlying consumer and the indirect payoff her data

record helps generate for the platform when using other data records. They refer to this second

component as a “pooling” externalities, as it is non-zero only when the platform finds it optimal

to pool data records together. Our paper pushes this agenda several steps forward. First, we

model a competitive data market where consumers have ownership of their data. Second, we

characterize the externalities that consumers create on each other when selling their data, rather

than those that exist at the level of the platform’s value for data. Third, we identify conditions

under which the data market fails and we propose solutions that remedy such a failure.

More broadly, our paper contributes to a growing literature that studies the role of data in the

modern economy (for reviews, see Acquisti et al., 2016; Bergemann and Bonatti, 2019; Berge-

mann and Ottaviani, 2021; Goldfarb and Tucker, 2023). Our model is stylized and purposefully

abstracts from some other important aspects of a data economy, such as the rich dynamic inter-

actions between the various constituencies of this economy (Chen, 2022), or the distortions that

can emerge due to the non-rivalrous nature of consumer data (see, e.g., Varian, 2009; Jones and

Tonetti, 2020; Farboodi et al., 2019), or those that emerge due to the repeated nature of online
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interactions (see, e.g., Taylor, 2004; Acquisti and Varian, 2005; Calzolari and Pavan, 2006).

2 The Model

We present a stylized model of a data economy. It features a platform (it), a merchant (he), and

a unit mass of consumers (she). The consumers can sell their personal data to the platform.

The platform uses this data to provide information to the merchant about the consumers’ pref-

erences. Finally, the merchant charges a fee to each consumer in exchange for the product he

produces.

Formally, each consumer has a unit demand for the product sold by the merchant. We denote

her willingness to pay by ω ∈ Ω ⊂ R++. Let q̄ ∈ ∆(Ω) be the distribution of ω in the

population and assume Ω is finite with |Ω| ≥ 2. Each consumer owns a data record that fully

reveals her corresponding ω.3

The model has two periods. In the first period, the data markets are open. The platform

and the consumers trade the data records at prices p = (p(ω))ω∈Ω ∈ RΩ, which they take

as given. On the demand side of these markets, the platform chooses how many records of

each type to demand. Let q = (q(ω))ω∈Ω ∈ RΩ
+ denote the composition of the database

demanded by the platform, for which it pays a total of ∑ω∈Ω q(ω)p(ω). On the supply side,

each consumer chooses whether to sell her record to the platform. If a type-ω consumer sells

her record, she is paid price p(ω) by the platform and is later intermediated with the merchant,

as described below. Without loss of generality, we assume that consumers of the same type

sell their records with the same probability, denoted by ζ(ω) ∈ [0, 1]. Conversely, if a type-ω

consumer does not sell her record to the platform, she forgoes the opportunity to interact with

the merchant and obtains a reservation utility of r(ω) ≥ 0.

In the second period, the product market is open. The platform uses the acquired database

q—whose composition is publicly known—to mediate the interaction between the merchant

and the subset of consumers who have sold their records. In particular, the platform acts as an

information intermediary: It provides the merchant with information about the consumers in

3As in Galperti et al. (2023), we interpret the data record as a list of identifiers (e.g., IP address, telephone

number, etc.) and personal characteristics (e.g., gender, age, etc.). The former grants access to the consumer and,

thus, the ability to intermediate her. The latter, instead, provides information about her type.
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the database. Formally, the platform solves a standard information-design problem where the

relative frequency of consumers’ types is given by q. The platform commits to an information

structure that maps the record of each consumer in its database into random signals. Given

the signal received, the merchant sets a fee a ∈ A for the consumer, who then purchases

the product only if the merchant’s fee a is lower than her willingness to pay ω. Therefore,

given ω and a, the consumer’s and the merchant’s second-period payoffs can be written as

u(a, ω) = max{ω − a, 0} and π(a, ω) = a1(ω ≥ a), respectively. Finally, the platform’s

payoff is v(a, ω) = γuu(a, ω) + γππ(a, ω), i.e., a linear combination of the consumer’s

trading surplus and the merchant’s profits. We assume γu, γπ ≥ 0, with at least one strict

inequality.

By standard arguments (e.g., Bergemann and Morris (2016)), the platform’s problem in the

second period can be formulated as choosing a recommendation mechanism x : Ω → ∆(A)

that solves:

V(q) = max
x:Ω→∆(A)

∑
a,ω

v(a, ω)x(a|ω)q(ω)

such that ∑
ω

(
π(a, ω)− π(a′, ω)

)
x(a|ω)q(ω) ≥ 0 ∀ a, a′ ∈ A.

(Pq)

Without loss of generality, we let A = Ω.

To summarize, we have introduced four endogenous variables: prices p for the data records;

the consumers’ decisions ζ to supply their records; the platform’s demanded database q; and

the platform’s mechanism x for problem Pq. We define an equilibrium of the competitive

economy as follows.

Definition 1. A profile (p∗, ζ∗, q∗, x∗) is an equilibrium of the competitive economy if

(a). Given p∗, q∗ solves the platform’s problem in the first period, i.e.,

q∗ ∈ arg max
q∈RΩ

+

V(q)− ∑ p∗(ω)q(ω). (1)

(b). Given q∗, x∗ solves the platform’s problem Pq∗ in the second period.

(c). Given x∗ and p∗, ζ∗ solves the consumers’ problem in the first period. That is, for all ω,

ζ∗(ω) ∈ arg max
z∈[0,1]

z
(

p∗(ω) + ∑
a

x∗(a|ω)u(a, ω)
)
+ (1 − z)r(ω).
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(d). Data markets clear. That is, for all ω, q∗(ω) = ζ∗(ω)q̄(ω).

Conditions (a) and (b) require that the platform acquires a database that maximizes its payoff

given prices, while anticipating it will use its data optimally in the second period. Condition

(c) requires that each type-ω consumer chooses ζ(ω) optimally, anticipating that the platform

will acquire a database q∗ and use it to implement mechanism x∗. Therefore, she sells her

record at price p(ω) only if p(ω) + ∑a u(a, ω)x∗(a|ω) ≥ r(ω), where ∑a u(a, ω)x∗(a|ω)

captures her expected trading surplus. Finally, condition (d) requires that the demand of each

type of record equals its supply. This last condition pins down data prices, in the spirit of a

traditional competitive equilibrium.4

2.1 Efficiency Benchmark

How efficient is the competitive economy? In our baseline analysis, the welfare notion that we

use to measure efficiency is the aggregate payoff of the platform and the consumers, namely

W(q, x) ≜∑
a,ω

(
v(a, ω) + u(a, ω)

)
x(a|ω)q(ω) + ∑

ω

(
q̄(ω)− q(ω)

)
r(ω). (2)

Note that, since the prices p of data records only affect the distribution of payoffs between

the platform and the consumers, aggregate welfare only depends on the database q and the

mechanism x. We refer to the pair (q, x) as an allocation of the economy.

Definition 2. An allocation (q◦, x◦) is constrained efficient if it solves

W◦ = max
q,x

W(q, x)

such that q ≤ q̄,

and x solves Pq.

(SB)

In this benchmark, an allocation is constrained efficient if it maximizes welfare subject to

two constraints. The first requires that the database is feasible, i.e., it does not allocate to the

4In the appendix, we show that an equilibrium of the competitive economy exists (Proposition B.1). While

somewhat expected, this result is not immediate because—unlike in the typical Walrasian equilibrium—the con-

sumers’ and the platform’s payoffs depend both on the data allocation q and on the platform’s mechanism x.
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platform more records than those that exist in the economy. The second constraint requires the

mechanism x to be sequentially optimal for the platform given q.5

We briefly motivate the efficiency benchmark of Definition 2. As anticipated in the intro-

duction, our main goal in the paper will be to show that, under certain conditions, the equilib-

rium of the competitive economy is inefficient. Towards this goal, a less demanding efficiency

benchmark is more desirable, as it makes such a negative result starker and allows us to ignore

sources of inefficiencies that are neither new nor surprising. In particular, there are two aspects

of Definition 2 that make it less demanding. First, we focus on “constrained” efficiency, i.e.,

we require that the mechanism x is sequentially rational for the platform given q. Dropping

this constraint would lead us to detect inefficiencies that are merely driven by the fact that, in

the first period, the platform cannot commit to a mechanism for the second period. Second, we

exclude the merchant’s payoff from the welfare calculation. To be constrained efficient, an out-

come has to maximize only the sum of the platform’s and the consumers’ payoffs as opposed

to the sum of all agents’ payoffs. Were we to include the merchant’s payoff, we would detect

a rather standard source of inefficiency, which materializes in the downstream interaction be-

tween the platform and the merchant. Specifically, the platform does not sell information to the

merchant and, thus, it does not fully internalize how the choice of x affects the merchant’s pay-

off (except when γπ = 1). We relegate to Appendix D the analysis of constrained efficiency

when W(q, x) also includes the merchant’s payoff.

An additional feature of our welfare notion is that, in any equilibrium of the competitive

economy, W(q∗, x∗) coincides with the consumers’ welfare. This is because, in any equilib-

rium, the platform must earn a payoff of zero.6 Therefore, any constrained efficient equilib-

rium also maximizes consumers’ welfare since W(q∗, x∗) = W◦.

5We note that a constrained efficient outcome always exists. This is because W is continuous and, by Lemma

B.1, the feasible set of outcomes in the planner’s problem is nonempty and compact.
6Indeed, notice that V(q) is homogeneous of degree 1. If the platform earned a strictly positive payoff at

q∗, it could profitably deviate by acquiring database q′ = αq∗, with α > 1, which earns a payoff V(q′) −
∑ω p∗(ω)q′(ω) = α

(
V(q∗)− ∑ω p∗(ω)q∗(ω)

)
> V(q∗)− ∑ω p∗(ω)q∗(ω).
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2.2 Discussion of Modeling Assumptions

Before proceeding, we briefly discuss our main modeling assumptions. Our economy features

a single platform taking the prices of data records as given. The substantive aspect of this as-

sumption is that the platform is a price taker and, thus, the economy is competitive—a distin-

guishing characteristic of our paper. The focus on a single platform, rather than a finite number

of identical ones, is expositional, as it simplifies notation at little cost of generality. Galperti

and Perego (2022) show how to model a competitive economy with finitely many competing

platforms.

The platform’s objective is assumed to be linear in the consumers’ trading surplus and the

merchant’s profits. This specification guarantees tractability, while capturing key features of

real-world two-sided markets (see Xu and Yang (2023) for a dynamic microfoundation of such

an objective). All results of Section 4 do not depend on this assumption.

Three aspects of the consumer’s problem have been simplified. First, the reservation utility

r(ω) is exogenous. This assumption rules out, for example, settings where the consumer

can bypass the platform and trade directly with the merchant. While with a different goal,

Bergemann and Bonatti (2023) studies the combination of on- and offline interactions. Second,

the consumer cannot participate in the platform’s mechanism without revealing her type. That

is, the data record bundles “access” to the consumer and information about her willingness to

pay. In some settings, this assumption is restrictive. See Ali et al. (2022) for a model where

these two aspects are unbundled. Third, selling the data record fully reveals the underlying

consumer’s type. By construction, this implies that consumers’ data is uncorrelated: That is,

i.e., if a consumer sells her data, the platform does not learn anything about other consumers.

This is an important departure relative to, e.g., Acemoglu et al. (2022) and allows us to focus

on a novel source of market failure.7

3 The Inefficiency of the Data Economy

In this section, we present a series of results that identify necessary and sufficient conditions

for equilibrium efficiency and uncover what are the key drivers of the inefficiency of our com-

7Our analysis can be extended to records that are only partially informative of the consumer’s type, a model

of which is proposed by Galperti et al. (2023) (Section 4).
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petitive economy.

We begin by introducing a notion that is instrumental for our analysis: the social benefit of

allocating a data record to the platform’s database. To compute it, fix an arbitrary database q

and consider the following maximization problem:

W(q) ≜ max
x:Ω→∆(A)

∑
a,ω

(v(a, ω) + u(a, ω))x(a|ω)q(ω)

such that x solves Pq(v). (3)

We can think of (3) as the problem of a planner who chooses a mechanism x to maximize the

welfare of the platform and the consumers in database q. This planner is constrained to choose

a mechanism that, given q, the platform would also be willing to implement. We denote by

Ψq the set of supergradients of W(q). Each ψq(ω) captures how W(q) changes when we add

an additional ω-record to database q. In other words, ψq(ω) identifies the social benefit of

allocating an additional ω-record into the platform’s database.8

Our first result demonstrates how the social benefit of a data record can be used to character-

ize which allocations are constrained efficient.

Proposition 1. An allocation (q, x) is constrained efficient if and only if x solves Pq and there

exists a ψq ∈ Ψq such that, for all ω,

− ψq(ω) ≥ r(ω) if q(ω) > 0,

− ψq(ω) ≤ r(ω) if q(ω) < q̄(ω).

It is clear that under any constrained efficient allocation, a consumer sells her record to the

platform if and only if its social benefit exceeds its private cost. Perhaps less intuitively, these

conditions are also sufficient. This will be key to characterize equilibrium efficiency in terms

of the model primitives. To see why, fix an equilibrium (p∗, ζ∗, q∗, x∗) and denote by

U∗(ω) ≜ p∗(ω) + ∑
a

x∗(a, ω)u(a, ω) (4)

the private benefit that a type-ω consumer obtains when selling her record to the platform.

Notice that the equilibrium conditions require that U∗(ω) ≥ r(ω) if q∗(ω) > 0, and that

8In Appendix A.1 we show W(q) is concave in q and, therefore, Ψq is well-defined. Moreover, Lemma A.1

provides an analytical characterization of Ψq. In particular, it shows that Ψq is generically a singleton and easy to

compute.
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U∗(ω) ≤ r(ω) if q∗(ω) < q̄(ω). Therefore, in light of Proposition 1, this equilibrium is

constrained efficient if and only if the private and social benefits of data records are sufficiently

“aligned:” That is, there is a ψq∗ ∈ Ψq∗ such that ψq∗(ω) ≥ r(ω) if U∗(ω) ≥ r(ω) and,

conversely, ψq∗(ω) ≤ r(ω) if U∗(ω) ≤ r(ω).

The key question is then, under what conditions on the model primitives, U∗ and ψq∗ are

aligned. To address this question, it is useful to define ξq∗ ≜ ψq∗ − p∗ and write

ψq∗(ω) = p∗(ω) + ξ∗(ω). (5)

This decomposition of the social benefit—which is analogous to the definition of U∗ in equa-

tion (4)—has an important economic interpretation: p∗(ω) and ξ∗(ω) capture the marginal

change in the platform’s payoff and the consumers’ trading surplus, respectively, that result

from adding an ω-record to q∗. The following result formalizes this interpretation.

Lemma 1. In any equilibrium (p∗, ζ∗, q∗, x∗), p∗ is a supergradient of V(q∗).9

This result demonstrates that, due to the competitive nature of the data markets, the marginal

change in the platform’s payoff from acquiring an additional ω-records—formally, the super-

gradient of V(q∗)—must equal its marginal cost p∗(ω). Thus, the remaining component of

the social benefit—namely ξ∗(ω)—captures the marginal change in the trading surplus of all

consumers resulting from adding an additional ω-record to the database q∗.

By comparing Equations (4) and (5), it is clear that a sufficient and necessary condition for

equilibrium efficiency is the alignment between ∑a x∗(a, ω)u(a, ω) and ξ∗(ω). The reason

is that, when a type-ω consumer sells her record to the platform, she expects to earn a trading

surplus of ∑a x∗(a, ω)u(a, ω) but does not internalize the effect she imposes on the trading

surplus of all other consumers—namely ξ∗(ω). In other words, her decision to sell her record

may exert an externality on other consumers, thus introducing inefficiency in the economy.

The following result shows that the presence of these externalities, and thus the efficiency of

the economy, hinges on the platform’s objective.

Proposition 2. If γπ > γu, all equilibrium allocations of the competitive economy are con-

strained efficient and, therefore, maximize consumers’ welfare. Conversely, if γπ ≤ γu, equi-

librium allocations can be inefficient.

9We show V(q) is concave in Appendix A.1 and provide analytical characterization of its supergradients in

Lemma A.1.
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Consumers’
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Merchant’s

Profit
Indifference Curve if γ

π > γu

Figure 1: The trading surplus triangle. The dashed line depicts the

platform’s indifference curve when γπ > γu.

Perhaps counterintuitively, if the platform cares relatively more about the merchant’s profits,

the social and private benefits of data records are aligned. Thus, any equilibrium in this case

is constrained efficient and consumers’ welfare is maximized. Vice versa, if the platform cares

relatively more about consumers’ surplus, this alignment can break, leading to inefficiencies.

To gain intuition, suppose γπ > γu and consider an arbitrary database q , 0. In this case,

the platform finds it optimal to reveal the ω of each consumer in the database to the merchant,

allowing the merchant to extract all their surplus. To see this, notice that, by Bergemann et al.

(2015, Theorem 1), the platform’s problem Pq is equivalent to choosing a point in the triangle

of Figure 1, which plots the set of pairs of merchant’s profit and consumers’ surplus that can

be induced by any mechanism. Since the platform’s payoff v is linear in π(a, ω) and u(a, ω),

when γπ > γu, the optimal mechanism maximizes the merchant’s profits, leaving consumers

with no surplus. As a consequence, both ∑a x∗(a, ω)u(a, ω) and, a fortiori, ξ∗(ω) equal zero.

Therefore, consumers do not exert externalities on each other when selling their records, and

all equilibria are constrained efficient.

Suppose instead γπ ≤ γu. In this case, for any q the optimal mechanism x∗ typically in-

volves pooling, that is, the platform withholds some information from the merchant to prevent

excessive surplus extraction (again, see Figure 1). Consequently, ξ∗(ω) and ∑a x∗(a|ω)u(a, ω)

can differ. In other words, when an ω-consumer sells her record she may fail to internalize the

externality she creates on other consumers. The externality exerted by low-type consumers is
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typically positive. For example, consider a consumer of type ω ≜ minω Ω. The expected trad-

ing surplus of this consumer—namely, ∑a x∗(a|ω)u(a, ω)—is zero since the merchant will

never want to charge a fee a lower than ω. Yet, ξ∗(ω) can be strictly positive, since when this

consumer is pooled with higher-type consumers, she helps them receive a lower fee and earn a

positive surplus. Conversely, the externality exerted by high-type consumers is typically neg-

ative. For example, when the highest-type consumer sells her record, she may decrease the

chances of other high-type consumers earning a positive surplus. Failure to internalize these

externalities leads to inefficiencies.

We conclude this discussion by finding sufficient conditions under which all equilibria are

inefficient, thus sharpening the negative part of Proposition 2. To avoid trivial cases, let us

focus on economies in which W◦ > R := ∑ω q̄(ω)r(ω), that is, the constrained efficient

allocation involves some trade.10

Corollary 1. Let γπ ≤ γu and suppose W◦ > R. If γuω < r(ω) < (1 + γu)ω, then all

equilibria are inefficient.

Corollary 1 gives a sufficient condition under which the positive externality discussed above

causes all equilibria of the economy to be inefficient. First, we show that if γuω < r(ω), the

platform is unwilling to pay a price higher than r(ω). This implies that U∗(ω) < r(ω), since

a consumer of type ω necessarily earns a zero trading surplus when she sells her record. Thus,

no such consumer sells her record. Second, we additionally show that, if r(ω) < (1 + γu)ω,

the social benefit of ω-records, ψq∗(ω), exceed its private cost, r(ω). As a result, a trade that

would be socially beneficial does not occur in equilibrium, generating an inefficiency.

Under the sufficient condition of Corollary 1, the ω-type consumers exert a positive external-

ity on other consumers, which they fail to internalize, thus leading to inefficiencies. Conversely,

Corollary A.1 in Appendix A.1 provides alternative sufficient conditions under which the inef-

ficiency in the economy is caused by a negative externality exerted by higher-type consumers.

In general, both positive and negative externalities exist, as illustrated by the next example.

10When W◦ = R, all equilibria are constrained efficient. Indeed, given any equilibrium (p∗, ζ∗, q∗, x∗), since

the platform always earns a zero payoff, the consumers’ surplus equals W(q∗, x∗), which is bound to be between

R and W◦. When W◦ = R, all these values are equal so constrained efficiency is always attained.
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3.1 An Example

We conclude this section by illustrating with a simple example why the data economy can be

inefficient. We consider an economy with only two types of consumers, Ω = {1, 2}, and

q̄(2) > q̄(1). All consumers have the same reservation utility, i.e., r(ω) = r̄ ∈ (0, 1) for

all ω. The platform only cares about consumers’ trading surplus, i.e., γu > γπ = 0. To

avoid uninteresting cases, we assume that r̄ < 1+γu
2 so that some trade is required to achieve

constrained efficiency.11 We will show that all equilibria of this economy are inefficient.

To do so, we first characterize constrained efficient allocations for this economy. Let (q◦, x◦)

be such that q◦(1) = q◦(2) = q̄(1) and x◦(1|ω) = 1 for all ω. In other words, the platform

is given the records of all the low-type consumers and an equal amount of high-type ones. The

platform then pools all these records in the same segment, inducing the merchant to charge the

lowest fee (i.e., a = 1) to all consumers in the database. We argue that (q◦, x◦) is the unique

constrained efficient allocation. To see why, consider any other database q > 0 and notice

that an optimal mechanism xq given q is to set xq(1|ω) = min{q(1), q(2)}/q(ω) for all ω.

That is, the platform creates the largest possible segment with an equal quantity of low- and

high-type consumers, who are then charged the lowest fee. Thus, the allocation (q, xq) induces

a welfare of W(q, xq) = (1 + γu)min{q(1), q(2)} + (1 − q(1) − q(2))r̄. To maximize

W(q, xq), any constrained efficient allocation (q◦, x◦) must satisfy q◦(1) = q◦(2). Since by

assumption q̄(1) < q̄(2) and r̄ < 1+γu
2 , setting q◦(1) = q◦(2) = q̄(1) uniquely maximizes

W(q, xq). For future reference, note that welfare under the constrained efficient allocation is

W◦ = r̄ + q̄(1)(1 + γu − 2r̄).

We now characterize all equilibria of the economy and show that they are inefficient. To

this purpose, let (p∗, ζ∗, q∗, x∗) be an equilibrium and denote by aq∗ the fee the merchant

would charge if the platform would not provide him with any additional information besides

the database composition. Using Lemma A.1 in Appendix A, we can compute two variables

that will be useful in our equilibrium characterization. The marginal change in the consumers’

trading surplus that result from adding an ω-record to q∗ is given by

ξ∗(ω) = ω − aq∗1(ω ≥ aq∗). (6)

11When r̄ ≥ 1+γu
2 , the absence of trade—i.e., q0 = (0, 0)—is constrained efficient. That is, W◦ = R = r̄. In

this case, any equilibrium allocation (q∗, x∗) is constrained efficient since W◦ ≥ W(q∗, x∗) ≥ r̄.
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The equilibrium price, instead, is given by

p∗(ω) = γuξ∗(ω) = γu

(
ω − aq∗1(ω ≥ aq∗)

)
. (7)

Notice that, since 1 ≤ aq∗ ≤ 2, we have 0 ≤ ξ∗(ω) ≤ 1 and 0 ≤ p∗(ω) ≤ γu, for all ω.

Case 1, r̄ > γu: Inefficiently Low Trade. When r̄ > γu, the only equilibrium of the economy

involves no trading. To show this, we first argue that, in any equilibrium, there is no trade of

1-records, i.e., q∗(1) = 0. Indeed, type-1 consumers always earn a zero trading surplus when

they sell their records. Moreover, by Equation (7), the price p∗(1) they receive in return can

be no higher than γu. Therefore, their net payoff is no higher than γu, which by assumption is

strictly smaller than r̄. This implies that type-1 consumers do not sell their data to the platform

in any equilibrium, i.e., q∗(1) = 0. Next, we argue that this implies q∗(2) = 0. To see why,

suppose q∗(2) > 0. Since q∗(1) = 0, we must have aq∗ = 2, and thus Equation (7) imply

that p∗(2) = 0. Moreover, since q∗(1) = 0, type-2 consumers will be perfectly discriminated

against and earn a zero trading surplus. Since type-2 consumers get a zero net payoff when

they sell their data, they must be unwilling to do so, contradicting q∗(2) > 0. Therefore,

q∗ = (0, 0) is the only database compatible with equilibrium. Under this complete market

unraveling, any equilibrium allocation (q∗, x∗) must yield W(q∗, x∗) = r̄ < W◦ and, thus,

the inefficiency is as severe as it could be.12

Why are equilibria inefficient in this case? By selling her record, a low-type consumer could

create a positive externality: The platform would pool this consumer with a high-type one, thus

creating a social benefit of 1 + γu, which by assumption is larger than 2r̄, i.e., the sum of the

reservation utilities of these two consumers. For this trade to happen, however, the low-type

consumer needs to be paid a market price p∗(1) that is higher than her reservation utility r̄.

Unfortunately, the platform is unwilling to pay such a high price, since the value of a 1-record

from its perspective is, at most, γu < r̄. △

Case 2, r̄ < γu
2 : Inefficiently High Trade. When r̄ < γu

2 , the unique equilibrium involves

q∗(1) = q̄(1) and q∗(2) = min{q̄(2), q̄(1)
r̄ }. To see this, note first that, by the no-profit con-

dition, the equilibrium prices must satisfy p∗(1) + p∗(2) ≥ γu. If not, the platform could

acquire a pair of low- and high-type records, pool them in the same segment, and generate

12This inefficiency is foreshadowed by Corollary 1. Indeed, this example satisfies the sufficient conditions of

this result, since γu < r̄ < 1+γu
2 < 1 + γu.
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a payoff of γu, which would exceed the price it paid for the two records. This implies that

at least one between p∗(1) and p∗(2) must exceed γu
2 . We argue that p∗(2) ≤ γu

2 . Indeed,

were this not the case, all high-type consumers would strictly prefer to sell, leading to an un-

informed merchant price of aq∗ = 2, which by Equation (7) implies p∗(2) = 0, a contradic-

tion. Therefore, let p∗(1) ≥ γu
2 . In this case, the low-type consumers strictly prefer to sell

and, thus, q∗(1) = q̄(1). Just as in the constrained efficient allocation, the optimal mechanism

given q∗ involves setting x∗(1|2) = min{q̄(1), q∗(2)}/q∗(2). That is, the platform creates a

segment that includes all the low-type consumers and as many high-type ones as possible sub-

ject to inducing the lowest fee, a = 1. Since r̄ < 1, we must have q∗(2) > q∗(1). Other-

wise, the expected trading surplus of a high-type consumer selling her record would be 1 and,

thus, all such consumers would sell their records, leading to a contradiction. Given such q∗,

note that aq∗ = 2 and, by Equation (7), p∗(2) = 0. Thus, q∗(2) = min{q̄(2), q̄(1)
r̄ }. We

conclude that the unique equilibrium of this economy is inefficient since its induced welfare is

W(q∗, x∗) = (1 + γu)q̄(1) + max{0, r̄ − q̄(1)(1 + r̄)} < W◦.

In this equilibrium, too many high-type consumers sell their record to the platform relative

to what is efficient, i.e., q∗(2) > q◦(2). They are attracted by the possibility of buying the

merchant’s product at the lowest fee. However, when an additional high-type consumer sells

her record, she exerts a negative externality on other consumers. Specifically, she undermines

the chances that other high-type consumers can buy the merchant’s product at the lowest fee.

More formally, notice that, on the one hand, such a consumer individually gains from selling

her record to the platform, since ∑a x∗(a|2)u(a, 2) = q∗(1)/q∗(2) ≥ r̄. On the other hand,

however, she does not help increase the aggregate trading surplus earned by all consumers.

Indeed, ξ∗(2) = 0 (by Equation (6)). Therefore, this consumer’s individual gain must come at

the expense of the gains of other consumers.13 △

We relegate the third parametric case, i.e., γu
2 ≤ r̄ ≤ γu, to Appendix C. This case shares

similar intuitions to the two cases already discussed. In a nutshell, it features multiple equi-

libria, inducing either inefficiently low or inefficiently high trade. In conclusion, our analysis

shows that all equilibria of this simple economy are inefficient. We summarize these results in

13It is natural to wonder whether a negative price for 2-records could correct this inefficiency, as it would

disincentivize the sale of these records. Such a negative price would be incompatible with equilibrium behavior,

as the platform would then demand an infinite quantity of 2-records. More generally, we refer to Corollary A.1 in

Appendix A for sufficient conditions in an arbitrary economy that trigger a similar kind of inefficiency.
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Figure 2: Equilibrium Inefficiency in the Example of Section 3.1
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4 Remedies to the Inefficiency

This section discusses alternative market designs that provide a remedy to the inefficiency

of the competitive economy. Specifically, we propose three solutions. The first consists of

establishing a “data union” that manages consumers’ data records on their behalf. The second

introduces data tax as a way to decentralize the data union. The third consists of making

data markets “more complete” in which, in the spirit of Arrow (1969), the consumers and the

platform can trade the externalities they create on each other.

4.1 The Role of a Data Union

We begin by discussing the consequences of introducing a new intermediary in the economy,

which we call a data union.14 A data union represents consumers and manages their data

records on their behalf. That is, it collects data records from participating consumers, sells

some or all of them to the platform, and distributes the proceeds back to the consumers, as

14The potential policy role of data unions has been discussed by Posner and Weyl (2018) and Seim et al. (2022).

17



compensation. The data union coordinates consumer actions, by unilaterally deciding which

records should be sold to the platform and how consumers should be compensated. By doing

so, the data union substitutes, in part, the competitive market. We show that a data union can

implement allocations that are constrained efficient.

More specifically, we consider a data union that operates as follows. Consumers voluntarily

decide whether to become members of the data union. If they do, they retain their reservation

utility r(ω) unless the data union decides to sell their records to the platform. If they do not,

they cannot unilaterally sell their record to the platform and, thus, just obtain their reservation

utility r(ω). The union collects a database q̂ and then sells a subset of it, q ≤ q̂, to the platform,

at a price that extracts all the platform’s expected payoff, namely, V(q). Finally, the union

distributes the proceeds V(q) to its members. That is, the union chooses p ∈ RΩ such that

∑ω p(ω)q̄(ω) = V(q). Note that payment to a consumer can be negative and can depend on

her type. The union maximizes the welfare of its members. Without loss of generality, we can

assume that q̂ = q̄, namely, the union acquires the data records of all consumers. We can write

the problem of the data union as follows:

max
(p,q,x)

∑
ω

p(ω)q̄(ω) + ∑
a,ω

u(a, ω)x(a|ω)q(ω) + ∑
ω

(q̄(ω)− q(ω))r(ω)

such that q ≤ q̄,

and x solves Pq,

and ∑
ω

p(ω)q̄(ω) = V(q),

and p(ω) +
q(ω)

q̄(ω) ∑
a

u(a, ω)x(a|ω) +
(

1 − q(ω)

q̄(ω)

)
r(ω) ≥ r(ω).

The second-to-last constraint requires that the data union makes no profits. The last con-

straint, instead, ensures that each type-ω consumer has no incentive to leave the union. By

participating in the union, this consumer receives a compensation of p(ω). Additionally, with

probability q(ω)
q̄(ω)

, her record is sold to the platform, in which case she obtains a payoff of

∑a u(a, ω)x(a|ω). With remaining probability, instead, her data record is not sold, and the

consumer preserves her reservation utility r(ω). Notice that, in this specification, all con-

sumers are entitled to a payment p(ω), regardless of whether their data records are used.

The next result shows that, unlike equilibria of the competitive economy discussed earlier,

the data union induces allocations that are constrained efficient.
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Proposition 3. Let (p∗, q∗, x∗) be a solution to the data union’s problem. The allocation

(q∗, x∗) is constrained efficient and, thus, maximizes consumers’ welfare. Conversely, if (q◦, x◦)

is a constrained efficient allocation, there exists p◦ such that (p◦, q◦, x◦) is a solution to the

data union’s problem.

There are two main differences from the competitive data economy discussed in Section

3. First, while consumers can decide to leave the union, they have no say in whether their

data records is sold to the platform. This allows the data union to coordinate consumers in a

way that competitive markets cannot. Second, the data union has bargaining power, that is,

prices p are chosen by the union rather than determined by market clearing. Thanks to this,

the data union both internalizes the externalities discussed in the previous section and can

properly compensate consumers for their participation, thus leading to efficient allocations that

maximize consumers’ welfare.

We conclude by noting that the fact that the data union’s objective is to maximize consumers’

welfare is not essential to its ability to induce constrained efficiency allocations. To see this,

consider the data economy from Section 3 but assume the platform has bargaining power,

i.e., it chooses p rather than taking it as given. It can be shown that such a platform induces

allocations that are constrained efficient. Unlike the data union, this “monopsonist” platform

has no incentives to distribute the proceeds of its activity back to the consumers. Therefore,

while allocations in this setting are constrained efficient, consumers’ welfare is minimized, i.e.

it equals R.

4.2 Data Taxes

While the data union helps achieve constrained-efficient allocations, it requires bargaining

power, thus abandoning the competitive nature of the economy we have analyzed so far. It is

then natural to wonder whether constrained-efficient allocations can be induced in the context

of a competitive economy? In this section, we do so by introducing data taxes, levied on con-

sumers, and show that they can restore the efficiency of the competitive equilibria.

More specifically, we enrich our competitive economy by assuming that whenever a type-ω

consumer sells her record to the platform, she pays a “data tax” τ(ω) ∈ R to the government.

When τ(ω) ≤ 0, this tax is interpreted as a subsidy paid by the government. To make the
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problem interesting, let us assume the government cannot run a deficit.15 Besides taxes, all

other components of the model are unchanged relative to Section 2, including the definition of

equilibrium. The next result shows that any constrained efficient allocation can be supported

as an equilibrium of the economy with taxation.

Proposition 4. Let (q◦, x◦) be a constrained-efficient allocation. There exists a profile of taxes

τ∗, of prices p∗, and of consumer choices ζ∗, such that (p∗, ζ∗, q◦, x◦) is an equilibrium of the

economy with taxation τ∗ and the government does not run a deficit.

We can explicitly characterize the profile of taxes and the equilibrium that supports any given

constrained efficient allocation (q◦, x◦). To do so, let p∗ be a supergradient of V(q◦) and define

τ∗(ω) ≜ p∗(ω) + ∑
a

x◦(a|ω)u(a, ω)− r(ω). (8)

Additionally, define ζ∗(ω) ≜ q◦(ω)/q̄(ω), for all ω. It is straightforward to check that

(p∗, ζ∗, q◦, x◦) is an equilibrium of the economy with taxation τ∗. First, since p∗ is a super-

gradient of V(q◦), q◦ must solve the platform’s problem in the first period. Moreover, since

(q◦, x◦) is constrained efficient, x◦ must solve Pq◦ , i.e., the platform’s problem in the second

period. Third, all consumers are indifferent between selling or not their data records to the plat-

form. Indeed, notice that if they sell, they earn p∗(ω)+∑a x◦(a|ω)u(a, ω)− τ∗(ω) = r(ω).

Finally, by the definition of ζ∗, data markets clear. Therefore, (p∗, ζ∗, q◦, x◦) is an equilib-

rium that supports the constrained efficient allocation (q◦, x◦). In this equilibrium, consumer

welfare equals R while the platform’s payoff is zero. Since the allocation is constrained effi-

cient, it must be that the government runs a budget surplus of W◦ − R. If these proceeds are

distributed to the consumers (in a way that does not affect their behavior, e.g., in a lump-sum

manner), then consumer surplus is maximized in equilibrium.

Example of a Data Tax. The data tax corrects the inefficiency of the competitive economy

by using taxation to make consumers indifferent between selling or not their data records. In

this case, any constrained efficient allocation can be supported in equilibrium. It is instructive

to see this in the context of a concrete example. For instance, consider Case 1 discussed

in Section 3.1. In that case, we argued that low-type consumers, whose records would be

socially beneficial to sell, are not sufficiently remunerated by the competitive market, leading to

inefficiency. Taxation restores efficiency by subsidizing these consumers just enough to make

15As usual, the data tax could also be levied on the platform and, in equilibrium, passed on to the consumers.

20



them indifferent between selling or not. Specifically, τ∗(1) = γu − r̄ < 0. This subsidy is

financed by taxing the high-type consumers, namely τ∗(2) = 1− r̄. The equilibrium prices are

p∗(1) = γu and p∗(2) = 0. Under these taxes and prices, the constrained efficient allocation

(q◦, x◦) can be supported in equilibrium and the government gets a proceed of q̄(1)(1 + γu −
2r̄) > 0. △

4.3 Making Data Markets More Complete

In this last subsection, we show how the inefficiency of the competitive economy can be cor-

rected by enriching the price system, i.e., by letting the price of a data record depend on more

than its type ω. We do so by allowing consumers to trade “the way” their records are used by

the platform. In other words, at the time of trade, the platform and the consumer must agree on

how the record will be used by the platform—i.e., which fee a it will recommend to the mer-

chant.16 This approach follows standard ways of modeling competitive economies with exter-

nalities (e.g., Arrow (1969) and Laffont (1976)). We refer to this setting as the Lindahl econ-

omy.

More formally, we define an economy featuring one market for each pair (a, ω). In such

markets, ω-records can be traded for use a at a price p(a, ω). A type-ω consumer decides in

which market to sell her ω-record, if any. That is, for all a, she chooses ζ(a, ω) ∈ [0, 1], i.e.,

the probability of selling her record to the platform for use a. As in our baseline economy, the

platform takes prices as given and chooses a database q and a mechanism x, with x(a|ω)q(ω)

representing its demand of ω-records in market (a, ω). It is implicit in the trade agreement

between the platform and the consumers that, if the platform acquires a record for use a, it

needs to deliver on this promise. That is, the platform’s problem can be written as:

max
q,x ∑

a,ω

(
v(a, ω)− p(a, ω)

)
x(a|ω)q(ω) (9)

such that ∑
ω

(
π(a, ω)− π(a′, ω)

)
x(a|ω)q(ω) ≥ 0 ∀ a, a′ ∈ A

It is instructive to compare the platform’s problem in the Lindahl economy with the one in

the baseline economy (conditions (a) and (b) in Definition 1). They only differ insofar as the

16This is reminiscent of the European Union’s general data protection regulation (GDPR), which requires that

“the specific purposes for which personal data are processed should be explicit and legitimate and determined at

the time of the collection of the personal data” (see, GDPR 2016/679 (39)).
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Lindahl economy has richer markets, with prices that depend on a and not just on ω.17

The equilibrium definition in the Lindahl economy follows naturally from Definition 1.

Definition 3. A profile (p∗, ζ∗, q∗, x∗) is an equilibrium of the Lindahl economy if

(a). Given p∗, (q∗, x∗) solves the platform’s problem in (9).

(b). Given p∗, ζ∗ solves the consumers problem. That is, for all ω,

ζ∗(·, ω) ∈ arg max
z ∈ RA

+ s.t. ∑a z(a) ≤ 1
∑

a
z(a)

(
p∗(a, ω) + u(a, ω)

)
+ (1 − ∑

a
z(a))r(ω).

(c). Markets clear. That is, for all ω and a, x∗(a|ω)q∗(ω) = ζ∗(a, ω)q̄(ω).

Before presenting the main result of this section, we introduce a more demanding efficiency

benchmark than the one we considered so far.

Definition 4. An allocation (q†, x†) is unconstrained efficient if it solves

W† = max
q,x

W(q, x)

such that q ≤ q̄,

and ∑
ω

(
π(a, ω)− π(a′, ω)

)
x(a|ω)q(ω) ≥ 0 ∀ a, a′ ∈ A

(FB)

Compared with the notion of constrained efficiency (Definition 2), an unconstrained efficient

allocation (q, x) does not require x to solve Pq but, more simply, that x is obedient given q.

That is, x does not need to be sequentially optimal for the platform given q. Therefore, the

welfare induced by an unconstrained efficient allocation is weakly higher than that induced by

a constrained efficient allocation: W† ≥ W◦.

The next result shows that the equilibria of the Lindahl economy are unconstrained efficient.

Proposition 5. Let (p∗, ζ∗, q∗, x∗) be an equilibrium of the Lindahl economy. The equilibrium

allocation (q∗, x∗) is unconstrained efficient. Therefore, consumer welfare equals W†. Con-

versely, any unconstrained efficient allocation (q†, x†) can be supported as an equilibrium of

the Lindahl economy. 18

17In particular, the timing of the two economies is the same and the platform has no more commitment power

in one or the other. To see this, note that we could have equivalently written conditions (a) and (b) in Definition

1 as Equation (9), with the additional restriction that p(a, ω) = p(ω) for all (a, ω).
18Since an unconstrained efficient allocation always exists, this result in particular implies the existence of an

equilibrium of the Lindahl economy.
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The richness of the price system allows the equilibria of this economy not only to avoid

the inefficiency highlighted in Section 3, but to achieve unconstrained efficiency. Since the

economy is competitive, the platform still earns zero profit and, thus, consumer welfare is

W†. The following example illustrates how the richer price system helps inducing efficient

allocations.

Example of a Lindahl economy. Consider again the example of Section 3.1. Since γπ = 0,

a mechanism x is optimal for the platform if and only if it is also optimal for the planner.

Therefore, the unconstrained-efficient allocations and constrained-efficient ones coincide, lead-

ing to a welfare of W◦ = W† = r̄ + q̄(1)(1 + γu − 2r̄). Moreover, just as in Section 3.1,

the unconstrained-efficient allocation (q†, x†) is unique and is given by q†(ω) = q̄(1) and

x†(1|ω) = 1 for all ω. Recall that, in the baseline economy, all equilibria are inefficient. To

contrast this, we now discuss an equilibrium of the Lindahl economy and show it is uncon-

strained efficient. Let (p∗, ζ∗, q∗, x∗) be defined as follows. First, let (q∗, x∗) = (q†, x†), i.e.,

the candidate equilibrium supports the unconstrained-efficient allocation. Second, for all ω, let

ζ∗(1, ω) = q̄(1)
q̄(ω)

and ζ∗(2, ω) = 0, so that ζ∗ and (q∗, x∗) clear the data markets. Finally, let

prices be p(a = 2, ω) = 0, for all ω, p∗(a = 1, ω = 1) = γu + (1 − r̄), and p∗(a = 1, ω =

2) = −(1 − r̄). We argue that this is an equilibrium of the Lindahl economy. To see this,

note that given prices p∗, type-1 consumers strictly prefer to sell their record in market (a =

1, ω = 1). Type-2 consumers, instead, are indifferent between not selling and selling in mar-

ket (a = 1, ω = 2). Finally, the platform maximizes (γu + 1− r̄)(x(1|2)q(2)− x(1|1)q(1))
subject to x(1|1)q(1) ≥ x(1|2)q(2). Therefore, the platform cannot make a positive payoff,

and (q∗, x∗) achieves the maximum of 0 given p∗.

Notice the crucial role of the price system in inducing an efficient allocation. The price

p∗(a = 1, ω = 1) incorporates the positive externality that a low-type consumer generates

when selling her record. This high price paid by the platform is financed by the high-type

consumers, who have to pay to participate in the platform’s mechanism. The platform uses their

payments to acquire low-type records. That is, it is as if high-type consumers who participate

in the platform’s mechanism subsidize the participation of low-type consumers. Notice that the

equilibrium exists even if p∗(1, ω = 2) < 0. Despite the negative price, the platform does not

have an incentive to acquire an arbitrary quantity of such records because it needs to guarantee

the merchant is willing to charge a low fee a = 1 to all of them. △
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Appendix

A Proofs

A.1 Proofs for Section 3

By focusing on the linear specification v = γuu + γππ, we can explicitly compute V and W

and thus characterize equilibrium prices and Ψq. We start by providing such characterizations.

From Figure 1, we can explicitly compute

V(q) =

γπw(q), γπ > γu

γππm(q) + γu(w(q)− πm(q)), γπ ≤ γu

, q ∈ RΩ
+

W(q) =

γπw(q), γπ > γu

γππm(q) + (1 + γu)(w(q)− πm(q)), γπ ≤ γu

, q ∈ RΩ
+ (A.1)

where w(q) := ∑ω ωq(ω) is the market value and πm(q) := maxa ∑ω π(a, ω)q(ω) is the

merchant’s profit when there is no information intermediation. Note that w(q) is linear and

πm(q) is convex, so V and W are concave functions and their supergradients are well-defined.

Next, we characterize the supergradients of V and W. Fix any q ≥ 0. Let Aq be the set of

maximizers of maxa ∑ω π(a, ω)q(ω). Let ϕa ∈ RΩ be defined as ϕa(ω) := γuω + (γπ −
γu)a1(ω ≥ a). Define:

Φ̃q(v) :=

(γπω)ω∈Ω, γπ > γu

cov{ϕa : a ∈ Aq}, γπ ≤ γu

,

where cov refers to convex hull, and define:

Φq(v) := {ϕ ∈ RΩ : ∃ϕ̃ ∈ Φ̃q(v) s.t. ϕ(ω) = ϕ̃(ω), if q(ω) > 0

and ϕ(ω) ≥ ϕ̃(ω), if q(ω) = 0}.

Then we have the following result.

Lemma A.1. 1. The set of supergradients of V(q) at q is Φq(v).
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2. Ψq = Φq(v) when γπ > γu; Ψq = Φq(v + u) when γπ ≤ γu.

Proof. When γπ > γu, by definition of w we know that ∂qV(q) = (γπω)ω∈Ω when q ≫ 0.

When q(ω) = 0 for some ω, ϕ(ω) can be any value greater than γπω because the domain of

q is RΩ
+. This proves the case of γπ > γu.

When γπ ≤ γu, we need to examine the subgradient of πm(q). Note that the optimal

monopoly price can only be one of a ∈ Ω. Therefore, πm is simply the maximum of finitely

many linear functions of q. For such a function, the subgradient at q is the convex hull of

the subgradient of all functions achieving the maximum value at q. A function achieves the

maximum value at q if and only if it is an element of Aq. Therefore, we have ∂qπm(q) =

cov{π(aq, ·) : aq ∈ Aq}. This concludes ∂qV(q) = cov{ϕa : a ∈ Aq} when q ≫ 0. Similar

to the previous case, when q(ω) = 0 for some ω, ϕ(ω) can be any value greater than the ones

given above because the domain of q is RΩ
+. This proves the first claim.

The second claim follows since from (A.1), when γπ > γu, W(q) = V(q); when γπ ≤ γu,

Ψq can be derived in exactly the same way by replacing γu with 1 + γu. □

Note that Φq and Ψq are generically unique. Moreover, Theorem 5.2 of Bertsimas and

Tsitsiklis (1997) states that the set of supergradients of the value function is the same as the

optimal solutions of the dual problem. Therefore, Φq(v) is also the set of solutions to the

following dual problem of (Pq):

min
ϕ,λ

∑
ω

ϕ(ω)q(ω)

such that ϕ(ω) ≥ v(a, ω) + ∑̂
a
(π(a, ω)− π(â, ω))λ(â|a) ∀a, ω

and λ(â|a) ≥ 0 ∀â, a

(P ′
q(v))

We will use this fact in the following proofs.

With these notions, next we show Proposition 1 and Lemma 1.

Proof of Proposition 1. We first discuss the case where γπ > γu. It is easy to see that in this

case the planner’s solution to (SB) is q(ω) = 0 if γπω < r(ω) and q(ω) = q̄(ω) if γπω >

r(ω). Taken together, q is constrained efficient if and only if q(ω) > 0 implies γπω ≥ r(ω)

while q(ω) = 0 implies γπω ≤ r(ω). From Lemma A.1 we know that ψq(ω) = γπω if

q(ω) > 0 and ψq(ω) = [γπω, ∞) if q(ω) = 0. This completes the proof.
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Next we discuss the case where γπ ≤ γu. In this case the constraint for x to be sequentially

rational can be relaxed, and the planner’s problem SB becomes FB. A data allocation (q, x)

is efficient if and only if it solves problem FB. The dual problem of FB can be formulated as:

(FB′) : min
µ,λ

∑
ω

µ(ω)q̄(ω)

such that µ(ω) ≥ γππ(a, ω) + (γu + 1)u(a, ω) + ∑̂
a
(π(a, ω)− π(â, ω))λ(â|a) ∀a, ω

and µ(ω) ≥ r(ω) ∀ω

and λ(â|a) ≥ 0 ∀â, a

We first show the “only if” direction of the proposition. Take any efficient allocation (q, x).

Then the planner’s value can also be written as:

∑
ω

(
q̄(ω)− q(ω)

)
r(ω)+ max

χ∈RA×Ω
+

∑
a,ω

(
v(a, ω) + u(a, ω)

)
χ(a, ω)

such that ∑
a

χ(a, ω) = q(ω), ∀ω ∈ Ω

and ∑
ω

(
π(a, ω)− π(â, ω)

)
χ(a, ω) ≥ 0 ∀ a, â ∈ A

Let (µ, λ) be a solution of FB′. Then (µ, λ) is also feasible for problem P ′
q(v + u), which

is the dual of the maximization problem above. By strong duality, the planner’s value can be

written as ∑ω µ(ω)q̄(ω). Therefore, we have:

∑
ω

µ(ω)q̄(ω) ≤ ∑
ω

(
q̄(ω)− q(ω)

)
r(ω) + ∑

ω

µ(ω)q(ω).

Meanwhile, since µ(ω) ≥ r(ω), we must also have the other direction of the inequality, so we

conclude:

∑
ω

µ(ω)q̄(ω) = ∑
ω

(
q̄(ω)− q(ω)

)
r(ω) + ∑

ω

µ(ω)q(ω).

This equality has two implications. Firstly, (µ, λ) achieves the minimum of P ′
q(v + u), so

µ ∈ Φq(v + u). Secondly, µ(ω) = r(ω) whenever q(ω) < q̄(ω). Taking ψq = µ, we

conclude the “only if” direction.

Next we show the “if” direction. Let (ψ, λ) be a solution to P ′
q(v + u) that satisfies the

condition. Take µ := max{ψ, r}. Then (µ, λ) is feasible for FB′, and thus ∑ω µ(ω)q̄(ω) is

an upper bound for the planner’s value by weak duality. Next we argue q achieves this value.
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Since (µ, λ) is a solution to P ′
q(v+ u), by strong duality, we know that under q, the planner’s

value is:

∑
ω

q(ω)µ(ω) + ∑
ω

r(ω)(q̄(ω)− q(ω)).

From the proposition’s condition, when q(ω) = q̄(ω), ψ(ω) ≥ r(ω) and thus ψ(ω)q(ω) =

µ(ω)q̄(ω); when q(ω) = 0, ψ(ω) ≤ r(ω) and thus r(ω)(q̄(ω) − q(ω)) = µ(ω)q̄(ω);

when 0 < q(ω) < q̄(ω), we have ψ(ω) = r(ω) = µ(ω). These imply that:

∑
ω

q(ω)ψ(ω) + ∑
ω

r(ω)(q̄(ω)− q(ω)) = ∑
ω

µ(ω)q̄(ω).

This means that allocation q achieves the upper bound of the planner’s value and thus q is

(constrained) efficient. □

Instead of proving Lemma 1, we prove a slightly stronger result below.

Lemma A.2. Given an arbitrary v (not necessarily linear in u and π). q ≤ q̄ solves the

platform’s first stage problem (1) if and only if p ∈ Φq(v).

Proof. We first observe that the platform’s first-stage problem (1) is essentially to choose (q, x)

given price p, or equivalently choosing χ(a, ω) = x(a|ω)q(ω) without any feasibility con-

straint. This is because in the first-stage the platform can choose as many data records as it de-

mands. Therefore, its dual problem is formulated as:

min
λ

0

such that ∑̂
a
(π(â, ω)− π(a, ω))λ(â|a) ≥ v(a, ω)− p(ω) ∀a, ω

and λ(â|a) ≥ 0 ∀â, a

(A.2)

In other words, the platform’s optimal payoff is zero if (A.2) is feasible, and infinity otherwise.

To show the “only if” direction, note that q ≤ q̄ solving (1) implies that V(q) = ∑ω p(ω)q(ω).

If not, the platform can scale up q proportionally to earn an infinite payoff. By strong dual-

ity, Problem (A.2) is feasible. Take any feasible solution λ, and consider (ϕ, λ) where ϕ = p.

Next we argue (ϕ, λ) is an optimal solution to P ′
q. Suppose not, then since (ϕ, λ) is feasible

to P ′
q, we must have V(q) < ∑ω ϕ(ω)q(ω), but this contradicts V(q)− ∑ω p(ω)q(ω) = 0.

To show the “if” direction, suppose (p, λ) is an optimal solution to P ′
q. This means Problem

(A.2) is feasible. Therefore, the platform’s optimal payoff is 0 given p. By strong duality, we
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have V(q) = ∑ω p(ω)q(ω). This means that q gives the platform a payoff of 0. Therefore, q

is a solution to the platform’s problem (1) given price p. □

Note that Lemma A.2 implies Lemma 1 since in any equilibrium (p∗, ζ∗, q∗, x∗), we must

have q∗ ≤ q̄ and q∗ solves (1) given p∗.

Next, we turn to analyze the efficiency of the equilibria of the competitive data economy.

Proof of Proposition 2. We only prove the case of γπ > γu here. The other case is discussed

in detail below. Consider any equilibrium (p∗, ζ∗, q∗, x∗). We know that q∗(ω) > 0 implies

p∗(ω) ≥ r(ω) and q∗(ω) < q̄(ω) implies p∗(ω) ≤ r(ω). By Lemma 1, we know p∗ ∈ Φq∗ .

Since Ψq∗ = Φq∗ by Lemma A.1, taking ψq∗ = p∗ we conclude that q∗ is constrained efficient

by Proposition 1. □

Next we discuss two sufficient conditions under which no equilibrium can be constrained ef-

ficient. The two conditions correspond to the low-trade case and high-trade case in the exam-

ple of Section 3.1. The first condition is stated as Corollary 1 and the second is stated as Corol-

lary A.1.

Proof of Corollary 1. Let (p∗, ζ∗, q∗, x∗) be an equilibrium. If q∗ ≡ 0, then there is no trade,

which is inefficient by assumption. Therefore, assume q∗ , 0. Next we argue q∗(ω) =

0. By Lemma 1 and Lemma A.1, p∗(ω) ≤ γuω < r(ω). Since type-ω will get a zero

trading surplus on the platform, this means they will strictly prefer not to sell their data records.

However, this is inefficient because given q∗ , 0, by Lemma A.1 we know the marginal value

of ω to the planner is no lower than (γu + 1)ω > r(ω). By Proposition 1 we conclude. □

Next we introduce another sufficient condition in spirit of the high-trade case. The conditions

are slightly convoluted, but they can be broken down as follows. Define ω1 and the highest

type and ω2 as the second highest type. Firstly, we assume that as long as all ω1 consumers

sell their data, the merchant will strictly prefer to set the fee at ω1. This helps us pin down the

value of data, and can be guaranteed by the requirement that q̄(ω1)ω1 > ω ∑ω′≥ω q̄(ω) for all

ω < ω1. Moreover, we assume that if the monopoly price is ω1, then the platform will want to

pool type-ω2 consumers with type-ω1 consumers to lower the fee for them. This is guaranteed

by the requirement that r(ω2) < γuω2. In such environments, we show that for a range of

r(ω1), type-ω1 consumers will get an average surplus higher than their marginal contribution,
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resulting in a congestion problem. This corresponds to the high-trade case of Section 3.1. We

summarize and illustrate below.

Corollary A.1. Consider γπ ≤ γu. Assume q̄(ω1)ω1 > ω ∑ω′≥ω q̄(ω) for all ω < ω1 and

r(ω2) < γuω2. Then no equilibrium is efficient if γπω1 < r(ω1) < γπω1 + ω1 − ω2.

Proof. Let (p∗, ζ∗, q∗, x∗) be a competitive equilibrium. Next we prove it cannot be con-

strained efficient by discussing several cases. Note that since γπ ≤ γu, solving SB is equiva-

lent to solving FB. In particular, (q∗, x∗) must maximize consumer surplus as well as social

welfare in order to be constrained efficient.

• Case 1: q∗(ω2) < q̄(ω2), q∗(ω1) < q̄(ω1). This is inefficient. To see this, we can

marginally increase and pool ω2 and ω1 and create a market of proposition (1− ω2
ω1

, ω2
ω1
),

with a recommended price a = ω2. The cost of this market is r(ω2)(1 − ω2
ω1
) +

r(ω1)
ω2
ω1

< γπω2 + (γu + 1)ω2
ω1
(ω1 − ω2), where the right-hand side is the social ben-

efit of the market. This means the social welfare strictly increases by introducing this

market, so q∗ is inefficient.

• Case 2: q∗(ω2) < q̄(ω2), q∗(ω1) = q̄(ω1). In this case, by assumption, the unique

monopoly price for market q∗ is ω1. Therefore, by Lemma A.1, ψq∗(ω2) is at least

(γu + 1)ω2 > r(ω2). By Proposition 1 we conclude q∗ is inefficient.

• Case 3: q∗(ω2) = q̄(ω2), q∗(ω1) < q̄(ω1). We make an observation that we must have

x∗(ω1|ω) = 0 for all ω < ω1, otherwise some ω consumers will sell their data while

left with nothing, which violates social optimality. Next we argue that (q∗, x∗) is not

efficient. Firstly, if q∗(ω1) = 0, then ψq∗(ω1) is at least γπω2 + (γu + 1)(ω1 − ω2) =

γπω1 + (γu − γπ + 1)(ω1 − ω2) > r(ω1). Therefore, by Proposition 1 we know q∗

cannot be efficient. Secondly, suppose q∗(ω1) > 0. If x∗(ω1|ω1) > 0, then by the

observation, ω1 is perfectly revealed with positive probability since x∗(ω1|·) = 0 for all

other types. However, by excluding these ω1 consumers from the platform, their welfare

increases by r(ω1) > γπω1 while all other markets (with fee smaller than ω1) are

not affected, which means social welfare strictly increases. Therefore, (q∗, x∗) cannot

be efficient in this case. Thirdly, suppose x∗(ω1|ω1) = 0. Then on the platform ω1

consumers get at least ω1 − ω2, and they receive a payment of at least γπω1 by Lemma

1. Together, since ω1 − ω2 + γπω1 > r(ω1), it must be the case that q∗(ω1) = q̄(ω1),
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which is a contradiction. Therefore, we conclude that any such equilibrium cannot be

constrained efficient.

• Case 4: q∗(ω2) = q̄(ω2), q∗(ω1) = q̄(ω1). In this case, by our assumption, the unique

monopoly price is ω1. Therefore, we have ψq∗(ω1) = γπω1 < r(ω1). By Proposition

1 we know q∗ is inefficient.

To sum up, under these assumptions no competitive equilibrium is constrained efficient. □

A.2 Proofs for Section 4

In this section we provide proofs for Section 4, in particular, Proposition 3 and Proposition 5.

The arguments for Proposition 4 is right after the statement, so we skip it here. In this section,

we do not assume the linear specification and consider general platform payoff v.

Proof of Proposition 3. Only If. Let (q∗, x∗) be a solution to the planner’s problem SB. First,

we argue that (q∗, x∗) is a solution of a relaxed version of the data union’s problem. We first

discard the consumer’s participation constraint from the data union’s problem. Then, let us

substitute the constraint ∑ω q̂(ω)p(ω) = V(q) into the data union’s objective. By doing so,

prices p do not appear in the relaxed problem. Summing up, the relaxed problem is

max
(q,x)

∑
a,ω

(
v(a, ω) + u(a, ω)

)
x(a|ω)q(ω) + ∑

ω

(q̄(ω)− q(ω))r(ω)

such that q ≤ q̄,

and x solves P at q.

This problem is exactly the planner’s problem. Since (q∗, x∗) is a solution to the relaxed

problem, it must yield a value that is weakly higher than the value of the data union’s problem,

the proof is complete if we find prices p∗ such that the participation constraints are satisfied

and the data union’s budget is balanced, given (q∗, x∗).

To this end, let p∗(ω) = p̃(ω) + t(ω) with p̃(ω) = q∗(ω)
q̄(ω)

(
r(ω)− Ex∗(u(a, ω))

)
. We

pin down t(ω) later. If t(ω) = 0, all type-ω consumers would be indifferent between joining

the union or not, and in particular, ζ∗(ω) = 1 is optimal. In this case, the union’s budget is:

G(q∗, x∗) = V(q∗)− ∑
ω

q̄(ω) p̃(ω)
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= ∑
a,ω

(
v(a, ω) + u(a, ω)

)
x∗(a|ω)q∗(ω)− ∑

ω

q∗(ω)r(ω).

Since (q∗, x∗) is constrained efficient, G(q∗, x∗) ≥ 0. To see this, we add ∑ω q̄(ω)r(ω) on

both sides of this inequality. On the left hand side, we obtain the value of the planner’s objective

at (q∗, x∗), which must be no smaller than ∑ω q̄(ω)r(ω) because it is always feasible for the

planner.

Since the union cannot earn a profit, we redistribute G(q∗, x∗) back to the consumers in a

uniform manner. Specifically, we let t(ω) = G(q∗, x∗) (recall that ∑ω q̄(ω) = 1). Therefore,

if ζ∗(ω) = 1 was optimal under p̃(ω), it is still optimal under p∗(ω) ≥ p̃(ω).

We thus constructed a profile (p∗, q∗, x∗) that is feasible for the data union. Moreover, since

(q∗, x∗) solves the relaxed problem, it also solves the data union’s problem.

If Direction. Let (p∗, q∗, x∗) be a solution to the data union’s problem. To the contrary

suppose it is not constrained efficient. Then take any constrained efficient allocation (q◦, x◦).

We have that:

∑
a,ω

(
v(a, ω) + u(a, ω)

)
x∗(a|ω)q∗(ω)− ∑

ω

q∗(ω)r(ω)

<∑
a,ω

(
v(a, ω) + u(a, ω)

)
x◦(a|ω)q◦(ω)− ∑

ω

q◦(ω)r(ω)
(A.3)

By the “only if” direction, we know there exist p◦ such that (p◦, q◦, x◦) is feasible for the data

union. (A.3) implies that:

∑ω p∗(ω)q̄(ω) + ∑a,ω u(a, ω)x∗(a|ω)q∗(ω) + ∑ω(q̄(ω)− q∗(ω))r(ω)

< ∑ω p◦(ω)q̄(ω) + ∑a,ω u(a, ω)x◦(a|ω)q◦(ω) + ∑ω(q̄(ω)− q◦(ω))r(ω)

This contradicts (p∗, q∗, x∗) being a solution to the data union’s problem, so we conclude it

must be constrained efficient. □

Proof of Proposition 5. Step 1: Let (p∗, q∗, x∗, ζ∗) be a Lindahl equilibrium. We first prove

that (q∗, x∗) must solve FB. Since (q∗, x∗) solves P ′, we have that

∑
a,ω

v(a, ω)x∗(a|ω)q∗(ω)− ∑
a,ω

v(a, ω)x(a|ω)q(ω)

≥ ∑
a,ω

p∗(a, ω)x∗(a|ω)q∗(ω)− ∑
a,ω

p∗(a, ω)x(a|ω)q(ω)
(A.4)
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for all (q, x) that satisfies obedience. Similarly, by the maximization problem of type-ω con-

sumers, we get

∑
a

u(a, ω)ζ∗(a, ω) + r(ω)
(
1 − ∑

a
ζ∗(a, ω)

)
− ∑

a
u(a, ω)ζ(a, ω)− r(ω)

(
1 − ∑

a,
ζ(a, ω)

)
≥ −∑

a
p∗(a, ω)ζ∗(a, ω) + ∑

a
p∗(a, ω)ζ(a, ω)

for all ζ(a, ω) ∈ RA
+ such that ∑a ζ(a, ω) ≤ 1. Summing over consumers of the same type

and across type, we get that for all (q, x) such that q ≤ q̄:

∑
a,ω

u(a, ω)x∗(a|ω)q∗(ω)− ∑
ω

r(ω)q∗(ω)− ∑
a,ω

u(a, ω)x(a|ω)q(ω) + ∑
ω

r(ω)q(ω)

≥ −∑
a,ω

p∗(a, ω)x∗(a|ω)q∗(ω) + ∑
a,ω

p∗(a, ω)x(a|ω)q(ω).

(A.5)

Equations (A.4) and (A.5) jointly imply that for all (q, x) satisfying feasibility and obedience:

∑
a,ω

(
v(a, ω) + u(a, ω)

)
x∗(a|ω)q∗(ω)− ∑

ω

r(ω)q∗(ω)

≥ ∑
a,ω

(
v(a, ω) + u(a, ω)

)
x(a|ω)q(ω)− ∑

ω

r(ω)q(ω).

Therefore, (q∗, x∗) solves FB.

Step 2: We now prove that for any allocation (q∗, x∗) that solves FB, there is a (p∗, ζ∗) such

that (p∗, q∗, x∗, ζ∗) is a Lindahl equilibrium. First of all, notice that FB admits an optimal

solution. Second, we can define p∗(a, ω) = r(ω) − u(a, ω) for all a, ω, so that each ω

consumer is indifferent across all possible ζ(·, ω) and we can therefore assume to choose ζ∗

such that ζ∗(·, ω)q̄(ω) = x∗(·|ω)q∗(ω).

We can equivalently rewrite FB in terms of χ:

(FB′) : max
χ∈RA×Ω

+

∑
a,ω

(
v(a, ω) + u(a, ω)

)
χ(a, ω) + ∑

ω

(
q̄(ω)− ∑

a
χ(a, ω)

)
r(ω)

such that ∑
a

χ(a, ω) ≤ q̄(ω), ∀ω ∈ Ω

and ∑
ω

(
π(a, ω)− π(â, ω)

)
χ(a, ω) ≥ 0 ∀ a, â ∈ A

Since (q∗, x∗) is a first-best efficient allocation, we know χ∗(a, ω) := x∗(a|ω)q∗(ω) solves

FB′. Define ζ∗(a, ω) = χ∗(a, ω)/q̄(ω). Since χ∗ is an optimal solution to FB′, by strong

duality, we know its dual admits an optimal solution (µ∗(ω), λ∗(â|a)). Define p∗(a, ω) =

µ∗(ω) + r(ω)− u(a, ω).
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We first argue that given p∗, ζ∗(ω) is optimal for type-ω consumers. When µ∗(ω) =

0, we have p∗(a, ω) = r(ω) − u(a, ω). Thus, type-ω consumers are indifferent between

keeping the data and selling it with any a, so zeta∗(·, ω) is optimal. When µ∗(ω) > 0, by

complementary slackness, we have that ∑a ζ∗(a, ω) = 1. Therefore, no type-ω consumer

keeps the data. Since selling the data with any a gives the consumer a payoff of µ∗(ω) + r(ω).

They are indifferent between different a and thus ζ∗(ω) is optimal.

Next, we argue that χ∗ solves the platform’s problem given p∗. We first show that the

platform’s payoff is non-positive under p∗. To show this, we only need to show the dual

problem of the platform’s problem is feasible. The dual feasible set is given by:

∑̂
a
(π(â, ω)− π(a, ω))λ(â|a) ≥ v(a, ω)− p∗(a, ω)

= v(a, ω) + u(a, ω)− µ∗(ω)− r(ω)

for all a, ω, with λ ≥ 0. But we know this is feasible because λ∗ satisfies these constraints.

Given dual feasibility, weak duality implies:

∑
a,ω

(v(a, ω)− p∗(a, ω))χ(a, ω) ≤ 0

for all χ that is feasible to the platform.

Finally, by strong duality we have:

∑
a,ω

(
v(a, ω) + u(a, ω)

)
χ∗(a, ω)− ∑

a,ω
χ∗(a, ω)r(ω) = ∑

ω

µ∗(ω)q̄(ω).

This implies:

∑
a,ω

(v(a, ω)− p∗(a, ω) + µ∗(ω))χ∗(a, ω) = ∑
ω

µ∗(ω)q̄(ω).

By complementary slackness we know ∑a,ω µ∗(ω)χ∗(a, ω) = ∑ω µ∗(ω)q̄(ω), which im-

plies:

∑
a,ω

(v(a, ω)− p∗(a, ω))χ∗(a, ω) = 0.

Therefore, we conclude χ∗ solves the platform’s problem given p∗. □
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Online Appendix (For Online Publication Only)

B Equilibrium Existence

In this section, we prove the existence of an equilibrium of the competitive economy, allowing

for arbitrary specification of v. We start by showing that the solution correspondence of Pq has

nice properties.

Lemma B.1. 1. The solution correspondence x∗(q) of Pq is nonempty-valued, compact-

valued, and upper-hemicontinuous.

2. V(q) is continuous in q.

Proof. Fix q. Note that Pq can be reformulated as:

max
χ≥0

∑
a,ω

v(a, ω)χ(a, ω)

such that ∑
ω

(
π(a, ω)− π(a′, ω)

)
χ(a, ω) ≥ 0 ∀ a, a′ ∈ A.

and ∑
a

χ(a, ω) = q(ω) ∀ ω ∈ Ω

(B.1)

In this problem, the objective is continuous in χ and the feasible set is nonempty (because

χ(ω, ω) = q(ω) is always feasible) and compact. Therefore, the solution correspondence

is nonempty- and compact-valued. The continuity of χ∗(q) is a special feature of the linear

programming and the fact that q only appears on the right-hand side of the constraints. This

conclusion is given by Theorem 2 of Böhm (1975). Since χ∗ is continuous in q, the optimal

policy admits a continuous choice. This implies that V(q) is continuous in q since the objective

is continuous in χ.

Note that x is a solution to Pq if and only if χ(a, ω) := x(a|ω)q(ω) is a solution to (B.1),

we claim that x∗(q) is upper-hemicontinuous. It is clear that x∗ is closed-valued, so we only

need to show it has a closed graph. Take any (qn, xn) → (q, x) such that xn ∈ x∗(qn), we

want to show x ∈ x∗(q). Note that χn(a, ω) → χ(a, ω) := x(a|ω)q(ω). By continuity of

χ∗ we know χ ∈ χ∗(q) and thus x ∈ x∗(q). □

With Lemma B.1, we are ready to prove the existence of an equilibrium.
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Proposition B.1. An equilibrium of the competitive economy exists.

Proof. We start by introducing a correspondence whose fixed points characterize the set of

competitive equilibria. Let P = [−M, M]|Ω| be the space of possible equilibrium prices,

where M is chosen to be large so that any possible equilibrium prices are within that range.

Let Q× X be the space of feasible data allocations. Taken together, P× Q× X is a nonempty,

compact, and convex set. Define a correspondence F : P × Q × X ⇒ P × Q × X such that

(p′, q′, x′) ∈ F(p, q, x) if:

1. x′ solves problem Pq.

2. q′ solves the consumers’ problem given (p, x).19

3. p′ is such that q solves the platform’s first-stage problem (1).

Note that (p, q, x) is a competitive equilibrium if and only if it is a fixed point of F. There-

fore, a competitive equilibrium exists if F admits a fixed point. Toward this, we first prove the

following claim and then apply Kakutani’s fixed point theorem.

Claim. F is nonempty-valued, convex-valued, and has a closed graph.

Proof of the Claim. We first show that F is nonempty-valued. Fix any (p, q, x). By Lemma

B.1, Pq admits a solution x′; given (p, x), the consumers’ problem always has a solution q′;

given q, since Pq admits an optimal solution, by strong duality P ′
q also admits an optimal

solution. Lemma A.2 then implies that a price p′ under which q solves the platform’s problem

exists. Therefore, (p′, q′, x′) ∈ F(p, q, x).

Next we show F is convex-valued. Note that by definition of F, given (p, q, x), the choice

of p′, q′, and x′ are independent with each other. Therefore, it is sufficient to check convexity

for each dimension. If x′ and x′′ both solve Pq, clearly any convex combination also solves

it; If q′ and q′′ both solve the consumers’ problem, then any convex combination also solves

the consumers’ problem. To see this, if under (p, x) consumer ω has a strict preference, then

q′(ω) = q′′(ω). if under (p, x) consumer ω is indifferent, then any q(ω) is optimal. If under

both p′ and p′′, q solves the platform’s first-stage problem, then by Lemma A.2 we know both

19Formally, we should impose market clearing saying that ζ ′ = q′/q̄ solves the consumers’ problem. We skip

this step to abbreviate notation.
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p′ and p′′ are solutions to P ′
q. Therefore, any convex combination of them is still a solution

to P ′
q. Again by Lemma A.2, q solves the platform’s first-stage problem under that convex

combination.

Finally, we argue F has a closed graph. Suppose (pn, qn, xn) → (p, q, x), (p′n, q′n, x′n) →
(p′, q′, x′), and (p′n, q′n, x′n) ∈ F(pn, qn, xn). We want to show (p′, q′, x′) ∈ F(p, q, x). By

Lemma B.1, we know the solution correspondence of Pq is upper-hemicontinuous, so x′ is a

solution to Pq; To see q′ solves the consumers’ problem, note that for all ω and z ∈ [0, q̄(ω)]:

q′n(ω)(pn(ω) + ∑
a

u(a, ω)xn(a|ω)) + (q̄(ω)− q′n(ω))r(ω)

≥ z(pn(ω) + ∑
a

u(a, ω)xn(a|ω)) + (q̄(ω)− z)r(ω)

By continuity we get:

q′(ω)(p(ω) + ∑
a

u(a, ω)x(a|ω)) + (q̄(ω)− q′(ω))r(ω)

≥ z(p(ω) + ∑
a

u(a, ω)x(a|ω)) + (q̄(ω)− z)r(ω)

Therefore, q′ is optimal for the consumers given (p, x); To see under p′, q solves the platform’s

problem, note that for all q̃ ≥ 0:

V(qn)− ∑
ω

p′n(ω)qn(ω) ≥ V(q̃)− ∑
ω

p′n(ω)q̃(ω)

Since V is continuous by Lemma B.1, taking limit we get:

V(q)− ∑
ω

p′(ω)q(ω) ≥ V(q̃)− ∑
ω

p′(ω)q̃(ω).

This completes the proof that (p′, q′, x′) ∈ F(p, q, x). □

With the Claim, we can apply Kakutani’s fixed-point theorem to F and conclude that F

admits a fixed point. Therefore, a competitive equilibrium exists. □

C Complete Equilibrium Characterization for Section 3.1

In this section, we characterize the entire set of equilibria for our example from Section 3.1. We

first note that in order for the platform’s problem to admit a solution, we must have p∗(1) ≥
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0, p∗(2) ≥ 0, p∗(1) + p∗(2) ≥ γu. Moreover, in order for the platform to trade, we must have

p∗(1) + p∗(2) = γu.

Case 1: 2r̄ − 1 < γu < r̄. The unique equilibrium allocation is no trade, i.e., q∗(ω) = 0 for

all ω, and it is supported by a price vector p∗ satisfying:

p∗(1) ∈ [0, r̄] and p∗(2) ∈ [max{0, γu − p∗(1)}, r̄]. (C.1)

Next we explain why this is the solution. Note that type-1 consumers are willing to sell only

if p∗(1) ≥ r̄ > γu. However, in this case we cannot have p∗(1) + p∗(2) = γu. Therefore,

the unique equilibrium allocation is q∗(ω) = 0. It can be supported by x∗(ω|ω) = 1. It

can be checked that with the prices in (C.1), it is optimal for the consumers not to sell and for

the platform not to buy. Any other price will induce some type of consumers to strictly prefer

selling.

Case 2: γu > 2r̄. There is a unique equilibrium such that: p∗(1) = γu and p∗(2) =

0; ζ∗(1) = 1 and ζ∗(2) = min{1, q̄(1)
r̄q̄(2)}; q∗(1) = q̄(1) and q∗(2) = min{q̄(2), q̄(1)

r̄ };

x∗(1|1) = 1 and x∗(1|2) = q∗(1)
q∗(2) . It can be easily checked that this is an equilibrium. To

show uniqueness, note that since γu > 2r̄, at least one type has a strict incentive to sell because

p∗(1) + p∗(2) ≥ γu. If type-1 has a strict incentive, we have q∗(2) ≥ min{q̄(2), q̄(1)
r̄ } since

p∗(2) ≥ 0, but this requires p∗(1) = γu, p∗(2) = 0; if type-2 has a strict incentive, in order

for the platform to be willing to buy, we must have p∗(1) = γu, p∗(2) = 0.

Case 3: r̄ < γu ≤ 2r̄. It can be easily checked that both equilibria of Case 1 and Case 2

continue to be an equilibrium in this case. Next we argue those are all possible equilibria. On

one hand, for the equilibria with no trade, the price has to satisfy (C.1), otherwise some type

will have a strict incentive to sell. On the other hand, given any equilibrium with trade, we

must have p∗(1) + p∗(2) = γu. Moreover, we must have q∗(1) > 0, otherwise the platform

is not willing to buy ω = 2 at a positive price while type-2 consumers are not willing to sell

at 0 price. If q∗(1) > 0, we must have q∗(2) ≥ min{q̄(2), q∗(1)
r̄ } because p∗(2) ≥ 0 and

the platform will choose x∗(1|1) = 1, x∗(1|2) = q∗(1)
q∗(2) . Since q∗(2) > q∗(1), in order for the

platform to be willing to buy, it must be the case that p∗(1) = γu, p∗(2) = 0. The unique

equilibrium with trade then follows.

Case 4: γu = r̄. In this case, the equilibria with no trade is the same as Case 1. The equilibria
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with trade satisfy p∗(1) = γu = r̄, p∗(2) = 0 with

0 < q∗(1) ≤ q̄(1), q∗(2) = min{q̄(2),
q∗(1)

r̄
}.

It is easy to check these are equilibria. To see these capture all equilibria with trade, we

can follow the same argument as Case 3 to derive the unique equilibrium price under trade:

p∗(1) = γu = r̄, p∗(2) = 0. With these prices, since type-1 consumers are indifferent, any

0 ≤ q∗(1) ≤ q̄(1) is optimal for them. q∗(2) is then pinned down by the indifference condition

of type-2 consumers.

To sum up, the constrained efficient allocation q◦(1) = q◦(2) = q̄(1) can never be an

equilibrium, so all equilibria of this competitive economy are inefficient.

D Social Welfare

In the main text, we focused on a notion of welfare that excludes the merchant’s profit (see

Equation (2)). We take this stance because we want to focus on the trade between the platform

and the consumers. Since we do not consider transfers between the merchant and the platform,

it is natural that inefficiency can arise if the merchant’s profit is taken into account.20 That

said, we show in this section that an analogous result to Proposition 2 holds if we define the

efficiency notion to incorporate the merchant’s profit.

Specifically, define the social welfare to be:

SW(q, x) = ∑
a,ω

(
v(a, ω) + u(a, ω) + π(a, ω)

)
x(a|ω)q(ω) + ∑

ω

(
q̄(ω)− q(ω)

)
r(ω).

(D.1)

Define the notion of social efficiency as follows:

Definition 5. An allocation (q◦, x◦) is constrained socially efficient if it solves

max
q,x

SW(q, x)

20In the case where the platform can charge a service fee to the merchant, the platform can extract all the

merchant’s profit. Therefore, the platform’s payoff essentially becomes v(a, ω) + π(a, ω), which is equal to

γuu(a, ω) + (1 + γπ)π(a, ω). This is is a special case of our model (where γ′
u = γu and γ′

π = 1 + γπ). In

this case, the notion of welfare introduced in Equation (2) coincides with the social welfare (Equation (D.1)).

5



such that q ≤ q̄,

and x solves Pq.

We have the following result, which extends Proposition 2 to this alternative notion of effi-

ciency.

Proposition D.1. Let (p∗, ζ∗, q∗, x∗) be an equilibrium of the competitive economy. If γπ >

γu and, in addition, r(ω) < [γπω, (1+γπ)ω) for all ω, the equilibrium allocation (q∗, x∗) is

constrained socially efficient. Otherwise, the equilibrium allocation can be socially inefficient.

Proof. We prove the sufficiency of the proposition here. Let (p∗, ζ∗, q∗, x∗) be a competitive

equilibrium. By Proposition 2, we know the equilibrium allocation (q∗, x∗) is constrained

efficient. Moreover, following the argument in the proof of Proposition 2, we also know that

x∗ = x̂, where x̂(ω|ω) = 1 is the full-disclosure mechanism, is the unique optimal mechanism

for the platform given any q. Therefore,

q∗ ∈ arg maxq≤q̄ ∑
a,ω

(
v(a, ω) + u(a, ω)

)
x̂(a|ω)q(ω)− ∑

ω

r(ω)q(ω)

= arg maxq≤q̄ ∑
ω

(
γπω − r(ω)

)
q(ω).

The solution to this problem is q∗(ω) = q̄(ω) if γπω > r(ω), q∗(ω) = 0 if γπω < r(ω),

and q∗(ω) ∈ [0, 1] if γπω = r(ω). The constrained socially efficient allocation (q◦, x◦)

also features x◦ = x̂. Therefore, the solution of the planner’s problem is q◦(ω) = q̄(ω) if

(1 + γπ)ω > r(ω), q◦(ω) = 0 if (1 + γπ)ω < r(ω), and q◦(ω) ∈ [0, 1] if (1 + γπ)ω =

r(ω). When r(ω) < [γπω, (1 + γπ)ω) for all ω, the equilibrium allocation (q∗, x∗) is also a

solution to the planner’s problem, and thus constrained socially efficient. □

Intuitively, if we take into account the merchant’s profit, the inefficiency can arise from

two sources. The first one is still the pooling externality. When γπ > γu, the only optimal

mechanism for the platform given any q is full disclosure, as argued in the proof of Proposition

2, so in this case the pooling externality disappears. The second one is a traditional externality.

Since the platform does not take into account the merchant’s payoff, it refuses to buy data when

the price is high, even when trade is still socially optimal.

When the sufficient condition of the proposition is not satisfied, the equilibrium can be inef-

ficient. Next we elaborate the two sources of externality using the example of Section 3.1. We
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will denote the constrained efficient allocation by (q◦, x◦). We also denote the equilibrium al-

location in Case 1 (inefficiently low trade) by (q∗L, x∗L) and in Case 2 (inefficiently high trade)

by (q∗H, x∗H). These are characterized in Section 3.1.

We first argue that in both cases, the social welfare of the equilibrium, SW(q∗, x∗), is strictly

lower than SW(q◦, x◦). As before, this is originated from the pooling externality. Using the

characterizations in Section 3.1, we can directly compute:

SW(q◦, x◦) = q̄(1)(3 + γu) + r̄(q̄(2)− q̄(1)),

SW(q∗L, x∗L) = r̄ < SW(q◦, x◦),

SW(q∗H, x∗H) = q̄(3 + γu) + r̄ max{0, q̄(2)− q̄(1)
r̄

} < SW(q◦, x◦).

The take is that, even if we measure efficiency using social welfare (Equation (D.1)), the equi-

libria are still suboptimal compared to the constrained efficient allocation. One may suspect

that in Section 3.1, the inefficiency is an artifact that we did not take into account the mer-

chant’s profit, but as we highlight here, that is not the case.

In addition to the pooling externality, there is a new source of inefficiency: since in this case

we have (1 + γπ)ω > r̄ > γπω = 0, even (q◦, x◦) is not constrained socially efficient. The

social welfare is maximized at q•(ω) = q̄(ω) and x•(1|1) = 1, x•(1|2) = q̄(1)
q̄(2) , which gives

a social welfare of

SW(q•, x•) = q̄(1)(γu + 1) + 2(q̄(2)− q̄(1)) > SW(q◦, x◦).

Therefore, the constrained efficient allocation is not constrained socially efficient. This addi-

tional gap is created by the fact that the profit of the merchant is not taken into account by the

platform or the consumers. This is a traditional externality that can arise even without the in-

formational friction discussed in our paper. For instance, consider the case where there is only

one type of consumers ω = 1 with 0 < r(1) < 1. The platform’s objective has γu > γπ = 0.

Then the constrained socially efficient allocation is q•(1) = 1, but the only equilibrium is no

trade.

E Expropriation Economy

The expropriation economy is one where the property right of data records belongs to the plat-

form. Our analysis can be directly applied to show that this economy is in general inefficient.
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Specifically, the following result says that the expropriation economy is constrained efficient if

and only if consumers’ reservation values are low so that they do not care whether they are ex-

propriated.

Corollary E.1. The expropriation economy is constrained efficient if and only if there exists

ψq̄ such that r(ω) ≤ ψq̄(ω) for all ω.

Proof. The expropriation economy is one where the database of the platform is q̄. The result

then follows directly from Proposition 1. □

Therefore, whenever there exists some consumer whose reservation utility is large, the ex-

propriation economy will not be constrained efficient.
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